Field-induced quantum spin-1/2 chains and disorder in Nd2 Zr2 O7
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We present single crystal diffuse neutron scattering study on the quantum spin ice candidate
Nd2 Zr2 O7 pyrochlore in magnetic fields along the (1 1 0) direction. Two-dimensional scattering
sheets perpendicular to the (1 -1 0) direction were observed evidencing field-induced one-dimensional
correlations and disorder. The pyrochlore lattice is completely separated into orthogonal sets of
chains which is in strong contrast to classical spin ice and surprising for an “all-in-all-out” (AIAO)
ordered magnet with a non-Ising Hamiltonian. Our mean field and Monte Carlo simulations reveal
that the (1 1 0) field induces a transition from the AIAO order to a “2-in-2-out” disordered state
with interactions between the two sets of chains cancelled out, resulting in disorder and quantum
spin-1/2 XY Z chains.

Introduction. Magnetic pyrochlore compounds display
various fascinating physical phenomena due to geometrical frustration on the network of corner-sharing tetrahedra in the crystal structure [1]. The spin ice state
with macroscopic degeneracy and monopole-like excitations is probably the most striking which was observed
in Ho2 Ti2 O7 and Dy2 Ti2 O7 [2, 3]. It originates from
a novel type of geometrical frustration where the local
[1 1 1] Ising anisotropy of the single ion forces the spins
to point either into or out of the tetrahedra and frustrates the effective ferromagnetic (FM) interactions between the spins resulting in “2-in-2-out” spin configurations [4]. Classical spin ice can be melted by quantum
fluctuations introduced by non-Ising terms in the spin
Hamiltonian [5–7]. This leads to quantum spin ice which
is a type of long-sought quantum spin liquid prominent
for emergent massive many-body entanglement and fractionalized excitations with topological properties [8–10].
An external magnetic field introduces constraints that
lift spin ice degeneracy partially or totally leading to new
novel states. For the classical spin ice, it has been reported that a field along the (1 1 1) crystallographic direction pins one fourth of the spins and confines the residual entropy within two-dimensional (2D) kagome layers
resulting in a kagome ice state [11, 12]. A field along the
(1 1 0) direction reduces the three-dimensional (3D) system to a quasi-one-dimensional (quasi-1D) system yielding Ising ferromagnetic chains interacting through dipolar interactions [13–16].
The reasons for the appearance of these field-induced
states are related to decompositions of the pyrochlore lattice with respect to the magnetic field directions and the
symmetry of interactions. For example, for the (1 1 0)
field direction, the pyrochlore lattice can be viewed as
being composed of one-dimensional chains parallel (αchains) and perpendicular (β chains) to the (1 1 0) direction [Fig. 1(a)]. The (1 1 0) field polarizes the α
chains but does not affect the β chains directly due to
the local [1 1 1] Ising anisotropy [Fig. 1(b)]. The effective interactions between the two sets of chains sum to
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FIG. 1. (a) Pyrochlore lattices decomposed into chains parallel (α chains) and perpendicular (β chains) to the (1 1 0)
(a)
(b) in the (1 1 0) field and
direction.
(b) Polarized α chains
non-collinear ferromagnetic order on the β chains (alternating
“in/out” order with moments pointing along the local [1 1 1]
directions). The effective Ising FM interactions between the
two types of chains are frustrated and cancelled out (the satisfied and unsatisfied bonds are shown in blue and grey, respectively).

zero as a result of the frustration of the interactions between α and β chains [Fig. 1(b)] [15–17]. The isolated
β chains could show intra-chain non-collinear FM order
with two possible directions for the net moment. However, the long-range dipolar interactions between the β
chains were found to induce antiferromagnetic (AFM)
inter-chain correlations or a Q = X order (“X” corresponds points at e.g. [0 0 1], [0 0 3], [0 1 1] in the reciprocal space) [4, 15–17].
The quantum counterparts of these field-induced novel
states are expected to show in quantum spin ice which
is more fascinating due to the inherent quantum dynamics instead of only thermal fluctuations in classical spin
ice. It has been shown theoretically that quantum strings
with monopoles at their ends appear in quantum spin ice
in (1 0 0) fields [18]. Recently, a 2D spin liquid state was
predicted to show on the kagome layers in pyrochlores
with dipolar-octupolar doublets in (1 1 1) fields [19–21].
However, these field-induced quantum states in quantum spin ice have not been observed clearly in experiments due to the lack of proper quantum spin ice materials [22–26]. Recently, Nd-containing pyrochlores were

proposed in theory to be candidates for quantum spin
ice and they are quite special because of the peculiar
symmetry of the dipolar-octupolar crystal field ground
state doublet of the Nd3+ ion [27]. The pseudospin1/2 Hamiltonian has the form of the XY Z model which
supports two distinct symmetry-enriched U (1) quantum
spin ice phases, i.e., dipolar and octupolar quantum
spin ice states [27, 28]. Neutron scattering experiments
on Nd2 Zr2 O7 confirmed that the single-ion crystal field
ground state is an Ising-anisotropic dipolar-octupolar
doublet and the collective ground state was found to
be an “all-in-all-out” (AIAO) order (Neel temperature
TN =0.4 K) [29, 30]. It shows dynamical spin ice correlations and quantum moment fragmentation where a parameterized spin Hamiltonian was proposed [31, 32]. The
behaviors in fields have been studied with magnetization
and susceptibility measurements and field-induced transitions were observed at critical fields ∼ 0.1 T [29, 33].
Very recently, the ground state of Nd2 Zr2 O7 in a (1 1 1)
field was found to be a “3-in-1-out” state which shows
remarkably dynamical kagome ice [34].
In this Communication, we study the ground state
of Nd2 Zr2 O7 in high (1 1 0) fields by means of single
crystal diffuse neutron scattering. We find evidence for
field-induced one-dimensional chains in Nd2 Zr2 O7 even
though the zero-field ground state is the AIAO AFM order rather than a spin ice state. These chains are supposed to be XY Z spin-1/2 chains with quantum dynamics, in contrast to the Ising spin chains realized in the
classical spin ice. No features of inter-chain correlations
are observed which is ascribed to the weak dipolar interactions between the β chains and the strong quantum
fluctuations expected for this quantum chain.
Experimental. The single crystal was grown in a
high temperature floating zone furnace (Crystal Systems
Corp.) equipped with Xenon arc lamps and characterized
by X-ray Laue diffraction, powder diffraction and magnetic measurements in the Quantum Materials Corelabs
at Helmholtz-Zentrum Berlin (HZB) [35]. The AC susceptibility of this sample was reported in Ref. [33] which
reveals an AFM ordering transition at 0.31 K, consistent
with previous results on the powder and single crystal
samples [29, 30]. A diffuse neutron scattering experiment
was performed on the E2 diffractometer at HZB (neutron
wavelength λ = 2.38 Å) with applied magnetic fields (0 2 T) along the (1 1 0) direction at 50 and 450 mK [36].
The (H -H L) reciprocal plane was measured with outof-plane component along the (1 1 0) axis in the range
[-0.1, 0.4]. A scattering pattern is also measured at 20 K
in zero field which was subtracted as the background.
Results and analyses.
Fig. 2 shows the threedimensional diffuse neutron scattering data at 50 mK under a field of 0.5 T. We can see a strong two-dimensional
scattering sheet perpendicular to the (1 -1 0) direction
passing through the zero point. After integrating the
data over the (1 1 0) axis, we clearly see streaks parallel

(K K 0)

2
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2. Three-dimensional neutron
(c)
(b) diffuse scattering pattern
in the reciprocal space at 50 mK in 0.5 T (1 1 0) field where the
two-dimensional scattering planes perpendicular to (1 -1 0)
direction are shown. The data collected at 20 K in zero field
is subtracted as the background.

to the
the points (0 0 0),
(g)
(e) (0 0 L) axis passing through
(f)
(2 -2 0) and (-2 2 0) as shown in Figs. 3(a)-(c) [Fig. 3(a)
shows the featureless zero field data]. These scattering
sheets are related to the one-dimensional scattering of
uncoupled β chains along the (1 -1 0) direction. The
continuous scattering along the (0 0 1) and (1 1 0) directions signals a complete disorder between the β chains in
Nd2 Zr2 O7 in contrast to the classical spin ice materials
for which broad Q = X Bragg peaks were observed indicating significant inter-chain correlations [13, 14]. In
addition, we also see strong Bragg peaks at [1 -1 1],
[1 -1 3], [2 -2 4], (0 0 4) and especially at (0 0 2) where
nuclear scattering is forbidden which are also observed
for Dy2 Ti2 O7 and Ho2 Ti2 O7 in (1 1 0) fields and can be
associated with the scattering of the polarized α chains
[4, 13, 14].
Similar scattering patterns were observed for other
fields and 450 mK as shown in Fig. 3 and the supplementary materials [35]. The intensity increased for
higher fields but the peak width along the (1 -1 0) direction did not seem to change for the different fields as
shown by the cuts through the data along the (H -H 0)
axis [Fig. 3(d) and (h)]. The intra-chain correlation
length ξ of the β chains was estimated by fitting the
cuts along the (H -H 0) axis with a resolution-convoluted
Lorentzian function of the Ornstein-Zernike form and it
yields ξ ∼ 10 Å suggesting a correlation length within one
unit cell. This is very different from the classical spin
ice which shows that the intra-chain correlation length
increases up to 100 Å with increasing the field [13, 14].
This is attributed to the strong quantum fluctuations expected in Nd2 Zr2 O7 . This pattern persists above TN at
450 mK but it is broader than at low temperature and
thus indicates a shorter correlation length (∼ 5 Å).
To gain more insights on the short-range correlations
within the β chains, we calculated the structure factors of
possible moment configurations. First, the magnetic moments should be along the local [1 1 1] directions respecting the single-ion Ising anisotropy. Second, with only the
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FIG. 3. (a)-(c) and (e)-(g): data collected at 50 and 450 mK in zero and several (1 1 0) fields integrated along the (K K 0)
axis. (d) and (h): one-dimensional cut (points) along the (H -H 0) axis with integration along the (K K 0) and (0 0 L) axes
(Bragg peaks are excluded) and fitting (lines) with a resolution-convoluted Lorentzian function. The data collected at 20 K in
zero field is subtracted as the background for all the data.

nearest-neighbor interactions, a magnetic structure with
zero propagation vector is most likely as indicated by
the data. There are two types of magnetic structures
possible: (i) a non-collinear FM order with alternating
“in/out” magnetic moments along the chains as shown
in Fig. 1(b); (ii) an AFM order with “all-in/all-out” moment configurations (flipping every second moment on
the FM chain) [35]. Fig. 4(a) shows the calculated structure factor for a single FM β chain which is quite similar
to the data. The AFM order produces a different pattern, thus excluding it as the possible solution (see the
supplemental information) [35]. Therefore, the β chains
show short-range FM intra-chain correlations.
As for the inter-chain disorder, it is counter-intuitive
that a magnetic field could induce disorder in an ordered system even at such high fields. The observation for Nd2 Zr2 O7 with the AIAO order as the zero-field
ground state points out the unique properties of this compound. To study the origin, we performed mean-field
calculations. The symmetry-allowed nearest-neighbor
spin Hamiltonian with a magnetic field for the dipolaroctupolar doublet on the pyrochlore lattice is given as
[27]
H=

X

J x τix τjx +J y τiy τjy +J z τiz τjz +J xz (τix τjz +τiz τjx )

hi,ji

+ hgz µB

X

τiz (ẑi · n)

(1)

i

where τ and J are the pseudospin and the exchange interactions respectively defined in local coordinate frames
with the local [1 1 1] crystallographic directions as the
z axes, gz is the only non-zero component of the Isinganisotropic g tensor and h and n are the magnitude and
direction of the external field. Due to the peculiar sym-

metry of the dipolar-octupolar doublet, the interactions
are uniform for every bond and the cross coupling J xz
can be removed by a global pseudospin rotation around
the local y axes by an angle ϑ which leads to the XY Z
model [27, 32]
HXY Z =

X

J˜x̃ τ̃ix̃ τ̃jx̃ + J˜ỹ τ̃iỹ τ̃jỹ + J˜z̃ τ̃iz̃ τ̃jz̃
hi,ji

+ hgz µB

X
(τ̃ix̃ sin ϑ + τ̃iz̃ cos ϑ)(ẑi · n), (2)
i

where {J˜x̃ , J˜ỹ , J˜z̃ } are the exchange parameters corresponding to the rotated pseudospin components
{τ̃ x̃ , τ̃ ỹ , τ̃ z̃ } defined in the rotated local frames and
the magnetic moment is given by mi = gz (τ̃ix̃ sin ϑ +
τ̃iz̃ cos ϑ)µB which lies along the local [1 1 1] axes (details
for this transformation are shown in Ref. [35]). Note
that the non-Ising exchange interactions produce a mean
field away from the Ising axis, which means that the
pseudospins can rotate smoothly rather than flop when
changing the magnetic field in contrast to classical spin
ice. However, the magnetic moment is always exactly
along the local [1 1 1] directions due to the infinite Isinganisotropy of the g tensor [29, 30].
In our mean-field calculations, the spins are treated as
classical vectors [35] and the interaction parameters used
are
J˜x̃ ≈ 0.103, J˜ỹ ≈ 0, J˜z̃ ≈ −0.047 meV,

(3)

gz ≈ 4.5, ϑ ≈ 0.83 rad,
which are suggested in Refs. [31, 32]. The ground state
for this set of parameters is the AIAO order of the τ̃ z̃
component though |J˜x̃ | is much larger than |J˜z̃ |. This
is because ice-like frustration happens for the FM J˜x̃
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FIG. 5. Calculated scattering pattern for β (a) and α (b)
chains based the states produced in the Monte Carlo simulations at 50 mK in the 1.0 T field along the (1 1 0) direction.
The magnetic form factor of Nd3+ is included.

High (1 1 0) field

FIG. 4. (a) Calculated structure factor for a non-collinear
“in/out” ferromagnetic chain along the (1 -1 0) direction as
shown in Fig. 1(b) (including the magnetic form factor of
Nd3+ ). The dashed lines indicate the region measured in the
experiment. (b) Schematic illustration of the field-induced
transition showing the zero-field AIAO order and two equivalent induced orders with the net moments of the FM β chain
reversed. (c) Average bond energies between α and β chains
and within the β chains.

but not for the AFM J˜z̃ (here “FM” and “AFM” are
based on the global crystal coordinate frame but they
are the opposite regarding to pseudospins defined in the
local frames). Starting from this state, the calculations
show that the system undergoes a transition in increasing
field which is consistent with the magnetic measurements
though the calculated critical field ∼ 0.5 T is higher than
the experimental one (∼ 0.1 T) [29, 35]. Fig. 4(b) illustrates the calculated moment configurations before and
after the transition. In high fields, every second moment
on the α chain is flipped in order to lower the Zeeman
energy forming a field-polarized state. The β chains do
not couple to the (1 1 0) field but they also show a FM
order with an alternating “in/out” moment configuration
which is exactly the magnetic correlations suggested by
the neutron diffuse scattering data.
The above calculation explains not only the intra-chain
FM order but also the inter-chain disorder for the β
chains. Within the nearest-neighbor model, the α and
β chains are interacting with each other but there is
no direct interaction between chains of the same type.
Each spin on the β chains is connected with four spins
on two different α chains and two spins on the same β
chains (vice versa for spins on the α chains) as shown in
Fig. 1(a). After the field-induced transition, the spins on
the α chains point alternately “in/out” of the tetrahedra
(opposite to each other in terms of the local frames) and
the spins on the β chains are subjected to an effective
zero molecular field from the α chains because every spin
on the β chains interacts with two pairs of “in/out” spins
on α chains whose molecular fields cancel out.
This was confirmed by the mean field calculations.

Fig. 4(c) shows that the average bond energies between
α and β chains are exactly zero after the field-induced
transition as for classical spin ice with Ising interactions.
Therefore the β chains are effectively isolated. Finally
the intra-chain exchange interactions of the β chains with
the dominant ferromagnetic J˜x̃ term lead to FM intrachain correlations with spins alternating along the positive and negative local x̃ directions (an effective AFM
order in terms of the pseudospin defined in the local
frames). Due to the crystal symmetry, the net moment of
a FM β chain could be parallel or antiparallel to the chain
direction and the inter-chain disorder arises naturally in
the absence of inter-chain interactions. On the other
hand, the FM intra-chain correlations of the β chains
evidenced by the data reveal that a FM term (either J˜x̃
or J˜z̃ ) is dominant in the spin Hamiltonian of Nd2 Zr2 O7
which supports the analyses of the inelastic neutron scattering data in Refs. [31, 32] and provides a constraint for
the determination the exchange parameters. Although
the FM term is frustrated in zero field, the frustration is
relieved within the chains after the field-induced transition by the realization of the FM intra-chain correlations
as shown by the lowering of the intra-chain bond energy
in Fig. 4(c).
To verify this scenario suggested by the mean-field
calculation and examine the effects of thermal fluctuations, we performed single-spin-flip Metropolis Monte
Carlo (MC) simulations at finite temperatures using the
SPINW MATLAB Package by implementing our own
codes [37]. The simulations were carried out on a
10 × 10 × 10 supercell of the pyrochlore unit cell (totally
16000 spins) with periodic boundary conditions. The details are given in the supplementary materials [35]. Fig. 5
shows the neutron scattering patterns of the α and β
chains calculated separately based on the spin configurations produced in the MC simulations at 50 mK in the
(1 1 0) field of 1 T. The scattering pattern of the β chains
shows continuous scattering which agrees well with the
data. The polarized α chains yield a scattering pattern
consisting of Bragg peaks which is also consistent with
the field-induced Bragg peaks observed and confirms that
these peaks are due to the Bragg diffraction of the polarized α chains. Therefore, the MC simulation confirms
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the field-induced 1D correlations and disorder.
Nevertheless, the current analyses are based on the
nearest-neighbor model, and further-neighbor interactions would introduce inter-chains correlations as in the
classical dipolar spin ice [4, 13–17]. The long-range dipolar interactions contribute ∼ 0.01 K to the second nearest
neighbor interactions in Nd2 Zr2 O7 and are much weaker
than the nearest-neighbor interactions and are much
lower than the lowest temperature measured. Therefore
the system is essentially one-dimensional in an applied
magnetic field along (1 1 0).
Having established the existence of one-dimensional
magnetism in Nd2 Zr2 O7 in high (1 1 0) fields, we now
consider the properties of the magnetic chains. Inherited
from the parent system with the dipolar-octupolar spin
Hamiltonian, the chains in Nd2 Zr2 O7 are supposed to be
XY Z spin-1/2 chains. The classical ground state is the
ferromagnetic order of the τ̃ x̃ component for the current
Hamiltonian. However, it is well-known that due to the
low-dimensionality, the classical ordered ground state is
destroyed by thermal and quantum fluctuations. This is
exactly what we found here, only short-range FM correlations within the β chains. One-dimensional spin-1/2
chains are famous for emergent fractionalized excitations
[38, 39]. It will be very interesting to study the excitation spectrum within the β chains by using inelastic
neutron scattering. It is remarkable that the excitations
are not expected to be affected by the (1 1 0) field due to
the Ising anisotropy and preserve their original properties in the (1 1 0) field. In addition, the possible furtherneighbor inter-chain and intra-chain couplings and longrange dipolar interactions may introduce more interesting physics than the conventional one-dimensional quantum magnets.
Summary. We find field-induced one-dimensional
quantum chains in the AIAO ordered pyrochlore
Nd2 Zr2 O7 in (1 1 0) fields by using single crystal neutron
diffuse scattering. It is attributed to bond frustration and
interaction cancellation which originate from the combined effect of single-ion anisotropy, dipolar-octupolar
Hamiltonian and the lattice geometry. The first observation of 1D quantum magnetism on the pyrochlore lattice here provides a possibility to study one-dimensional
magnetism on the pyrochlore lattice and could stimulate
more theoretical and experimental studies on the fieldinduced behaviors in quantum spin ice and the emergent
low-dimensional magnetism.
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anomaly above 2 K. The χ(T ) data were fitted by the
Curie-Weiss law with the Van Vleck term χ(T ) = χ0 +
C/(T − θp ) for the temperature range 10 K ≤ T ≤ 30 K.
This yields θp = 0.270(13) K, µeff = 2.47(1) µB /Nd and
χ0 = 3.5(1) × 10−3 emu/mol Nd, which is consistent with
those reported for powder and single crystal samples
[S2–S4]. The positive θp indicates an effective ferromagnetic interaction between the Nd3+ moments though the
sample shows an “all-in-all-out” antiferromagnetic order.
This is a consequence of the dipolar-octupolar nature of
the effective spin of the Nd3+ ion in pyrochlores [S5].
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The refined XRD pattern and crystallographic parameters are shown in Fig. S1 and Table S1, respectively.
The results are consistent with the previous reports for
the powder and single crystal samples [S2–S4].
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CRYSTALLOGRAPHY AND MAGNETIC
PROPERTIES

a (Å)
xO1
Biso Rwp RBragg χ2
10.651(1) 0.3347(1) 0.53(3) 4.74 4.66 2.55

l

The Nd2 Zr2 O7 single crystals were grown by using
the optic floating zone furnace in the Crystal lab in
Helmholtz-Zentrum Berlin, Germany and characterized
using X-ray powder diffraction (XRD) (Bruker-D8, CuKα ) at room temperature. Rietveld refinements were
performed using the software Fullprof Suite [S1].
The magnetic susceptibility and magnetization measurements (above 2 K) were performed on the magnetic
properties measurement system (Quantum Design) at
MagLab, Helmholtz-Zentrum Berlin.
The neutron diffuse scattering experiment with applied
magnetic field along the (1 1 0) direction was performed
on the E2 diffractometer at Helmholtz-Zentrum Berlin.
The incident neutron wavelength was 2.38 Å (PG002).
The magnet VM-4 provided a vertical field perpendicular to the scattering plane and a dilution refrigerator was
used to cool the sample down to 50 mK. The measurements were performed in fields of 0, 0.25, 0.5, 0.75, 1.0,
1.25, 1.5, 1.75 and 2.0 T for 50 mK and in fields of 0.5,
and 2.0 T for 450 mK.

TABLE S1. Crystallographic parameters of the single crystal of Nd2 Zr2 O7 obtained from the refinement of the X-ray
diffraction pattern recorded at room temperature. The lattice
parameter a, atomic coordinate xO1 , overall thermal factor
Biso and refinement quality parameters are shown.
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FIG. S2. Susceptibility of the single crystal Nd2 Zr2 O7 with
field 0.1 T applied along the [1 0 0] direction and the CurieWeiss law fitting (inset).
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FIG. S1. X-ray powder diffraction pattern of single crystal
Nd2 Zr2 O7 at room temperature.

Fig. S2 shows the susceptibility of the single crystal sample of Nd2 Zr2 O7 above 2 K. The susceptibility
increases with decreasing temperature and shows no

AC susceptibility of this single crystal sample was
shown in Ref. [S6]. The antiferromagnetic ordering temperature is TN ≈ 310 mK. The transition temperature is
lower than that of the powder sample (400 mK) shown
in the specific heat data in Ref. [S7] and in the neutron diffraction data [S3, S4]. The crystal reported in
Ref. [S3, S8] shows a transition temperature of 285 mK.
This indicates that a small sample dependence is present
for the Nd2 Zr2 O7 single crystals. However the magnetic
ground state of Nd2 Zr2 O7 does not vary from sample to
sample according to the neutron diffraction data of different samples [S3, S4, S8].
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DIFFUSE NEUTRON SCATTERING WITH THE
(1 1 0) FIELDS

Figure S3(a) shows the 3D neutron diffuse scattering
data in 1 T at 50 mK where the (K K L) scattering sheet
at H = 0 is presented. Fig. S3(b) and (c) shows (H -H L)
layers of the data for vertical (K K 0) components with
K = 0 and K = 0.4 r.l.u. measured in 1 T and 0.5 T
fields at 50 mK, respectively. The K = 0.4 layers show
no Bragg peaks but only streaks with similar intensity
as in the layer at K = 0 and they show no clear variation of intensity along (0 0 L). Therefore, the scattering
sheet clearly extends to at least K = 0.4 r.l.u. which suggests an upper limit 3 Å for the inter-chain correlation
length along (K K√0). It is smaller than the nearestneighbor distance 2/2a along (K K 0) between the β
chains. Therefore, the scattering sheet is neither an effect of the vertical instrument resolution nor due to the
very-short-range inter-chain correlations.

(a)

(a)

(b)

(K K 0)

50 mK, 1 T

(c)

(b)
50 mK

(c)

FIG. S3. (a) Three-dimensional neutron diffuse scattering
(d) with a 1.0 T field along the (1 1 0) direction at 50 mK.
data
(b) and (c): Data at 50 mK in 1.0 and 0.5 T fields showing the
(H -H L) reciprocal plane with vertical (K K 0) components
fixed at K = 0 and K = 0.4 r.l.u. .

Figure S4 (a) and (b) shows the cuts of the data
at 50 mK and 450 mK along the (H -H 0) axis with
integration over the vertical (K K 0) component of
0.2 < K < 0.4 (excluding the layers with Bragg peaks)
which are compared with the calculated scattering pattern of a FM chain. In contrast to the featureless pattern

FIG. S4. (a) and (b): Cuts of the data at 50 mK and 450 mK
along the (H -H 0) axis with integrating the (H -H L) layers
with 0.2-0.4 (K K 0) vertical components (excluding the layers with Bragg peaks) and the black lines shows the scaled
calculated scattering pattern for the FM chains convoluted
with a Gaussian function. The data are shifted vertically by
0.003 unit successively for better visualization. (c) Intensity
and correlation length at 50 mK in different fields estimated
from fitting the peaks at H = 0 with a Lorentzian function
convoluted with the resolution function. All the data are
background-subtracted.

in zero field, the patterns in the (1 1 0) fields show peaks
at H = 0, ±1 and ±2 due to the scattering sheets, which
is in agreement with the calculations. The intensity and
the correlation length at 50 mK in different fields were
estimated from fitting the peaks at H = 0 which were
shown in Fig. S4(c). They show a weak increase as the
field increases and do not change much in different fields.
Figures 3(a) and (e) in the main text show the zero
field data at 50 and 450 mK which does not have a clearly
structured pattern in contrast to the data measured in
field. Note that there is a Bragg peak at (0 0 2) which is
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(b)

(a)
(a)

(a)

(b)
(b)

(b)

FIG. S6. (a) One-dimensional cuts through the data along the
(H -H 2) axis integrated over a range of [1.8, 2.2] for the (0 0
L) axis and a range of [-0.1, 0.4] for the (K K 0) axis where
the field dependence of the (0 0 2) Bragg peak is shown; (b)
Field dependence of the integrated intensity of the (0 0 2)
Bragg peak (without background subtraction).

(a)

(b)

FIG. S5. Data at 50 mK in 0, 0.25, 0.75, 1.25 and 1.5 T
fields and data at 450 mK in zero field integrated over the
out-of-plane scattering with the wave vector component along
(K K 0) in the range [-0.1, 0.4]. All the data are backgroundsubtracted.

a forbidden position for nuclear scattering and it is possibly caused by multiple scattering which was also seen
in Ho2 Ti2 O7 [S9] (it exists also in the 20 K data). The
nuclear peaks are stronger at the low temperatures than
at 20 K due to the Debye-Waller factor and the magnetic
Bragg scattering of the AIAO order [S3, S4].
Figure S5 shows data at 50 mK in 0.25, 0.75, 1.25 and
1.5 T fields. They all show a streak along the (0 0 L)
direction. In fields higher than ∼ 1 T, the diffuse scattering pattern gets blurred because there is a misalignment
∼ 0.9 degree of the (H -H 0) axis and the field tends to
polarize the β chains inducing long-range inter-chain ferromagnetic order. This was also shown by the intensity
of the (0 0 2) peak as a function of the field in Fig. S6.
The intensity of (0 0 2) increases with the field and shows
a plateau at ∼ 1 T indicating a nearly fully polarization
of the α chains, consistent with the magnetization data
[S3]. The intensity increases further in fields above 1 T
indicating the polarizing of the β chains.
Figure S7 shows the one-dimensional cuts through the
data along the (0 0 L) and (K K 0) axes. There is no
clear modulation of the intensity of the diffuse scattering
along the two axes which indicates uncorrelated chain
scattering.

SCATTERING PATTERN OF AN
ANTIFERROMAGNETIC CHAIN

Figure S8(a) shows the antiferromagnetic (AFM) β
chain with the moments pointing ”all-in/all-out” of the

FIG. S7. One-dimensional cuts through the data at 50 mK
in different fields: (a) cuts along the (0 0 L) axis integrated
over a range of [-0.2, 0.2] for the (H -H 0) axis and [-0.1,
0.4] for the (K K 0) axis (shifted by 0.003 unit successively
for a better visualization); (b) cuts along the (K K 0) axis
integrated in the range [-0.2, 0.2] for the (H -H 0) axis and [0,
4] for the (0 0 L) axis but excluding the Bragg peaks (0 0 2)
and (0 0 4). All the data are background-subtracted.

tetrahedra. There is a net moment perpendicular to the
chain but no net moment along the chain direction. The
scattering pattern of a single AFM β chain is shown in
Fig. S8(b) which is quite different with the data.

FIG. S8. (a) Polarized α chains and antiferromagnetic β
chains; (b) Scattering pattern of an AFM β chain.
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The general form of the pseudospin exchange Hamiltonian on the pyrochlore lattice is given by Eq. 1 in the
local frames in the main text. The local frames for the
four magnetic ions on a tetrahedron are defined with the
local [1 1 1] directions as the local z axes and the local
y axes being chosen to keep the two-fold rotation invariance about the three axes that include the centre of the
tetrahedron and are parallel to the global crystal a, b and
c axes [S10, S11] (Fig. S9):
ẑ0
ẑ1
ẑ2
ẑ3

=
=
=
=

√1 (1, 1, 1)
3
√1 (1, −1, −1)
3
√1 (−1, 1, −1)
3
√1 (−1, −1, 1)
3

,

x̂0
x̂1
x̂2
x̂3

=
=
=
=

√1 (−2, 1, 1)
6
√1 (−2, −1, −1)
6
√1 (2, 1, −1)
6
√1 (2, −1, 1)
6

, (S1)

τ̃ix̃ = τix cos ϑ + τiz sin ϑ,
τ̃iỹ = τiy ,
(S2)

The relations between the exchange parameters in the
initial local frames and in the rotated local frames are
J x = 0.5[(J˜x̃ + J˜z̃ ) + (J˜x̃ − J˜z̃ ) cos(2ϑ)],
J y = J˜ỹ ,
J z = 0.5[(J˜x̃ + J˜z̃ ) − (J˜x̃ − J˜z̃ ) cos(2ϑ)],
J xz = 0.5(J˜x̃ − J˜z̃ ) sin(2ϑ).

1.4
1.2
1.0
0.8
0.6
0.4
[100]
[110]
0.2
[111]
0.00.0 0.2 0.4 0.6 0.8 1.0 1.2 1.4
H (T)

FIG. S10. Calculated magnetization for the three main cubic
directions using the exchange parameters in Ref. [S5].

with ŷi = ẑi × x̂i .
The pseudospin rotation (around the local y axis) is
performed to remove the J xz term which a rotation
around the local y axes [S5, S12] (Fig. S9)

τ̃iz̃ = τiz cos ϑ − τix sin ϑ,
1
2J xz
ϑ = arctan( xx
).
2
J − J zz

M (µB /Nd)

SPIN HAMILTONIAN AND MEAN FIELD
CALCULATIONS

(S3)

on the rotated local coordinate system. Two sets of
exchange parameters for Nd2 Zr2 O7 have been proposed
which are quite similar with J˜x̃ and J˜ỹ being the largest
and smallest terms [S5, S8, S13]. They do not give significantly different calculation results and here the parameters given in Ref. [S5] are used.
The mean-field calculations are performed by locally
optimizing the energy by sweeping the field along the (1
1 0) direction upwards and taking the spin configuration
in the previous field as the start. Fig. S10 shows the
calculated magnetization at zero temperature which exhibits field-induced transitions consistent with the measurements in Refs. [S3, S6]. The transition field Hc and
the saturation values of magnetisation Ms is different
from the measurements. They depends largely on the
g-factor and the exchange parameters. The refined parameters reported in Ref. [S13] still fail to give an accurate modelling which calls for more efforts to determine
the spin Hamiltonian of Nd2 Zr2 O7 .
After the field-induced transition for the (1 1 0) direction, the spins on the β chains point along the positive
and negative x̃ directions (see Fig. S11). The magnetic
moments are
mi = gz (τ̃ix̃ sin ϑ + τ̃iz̃ cos ϑ)µB
= gz τ̃ix̃ sin ϑµB

(S4)

= ±1/2gz sin ϑµB ,
which are along the local [1 1 1] axes.

MONTE CARLO SIMULATIONS
FIG. S9. Original {x, y, z} (solid) and rotated {x̃, ỹ, z̃}
(dashed) local frames.

In the mean field calculation, the spins are taken
as classical vectors τ (sin θi cos φi , sin θi sin φi , cos θi ) with
τ = 1/2 and θi and φi being the angles defining the direction of spins in the spherical coordinate frames based

The classical single-spin-flip Metropolis Monte Carlo
simulations are performed based on the SPINW Matlab
Package by implementing our own codes [S14]. The simulations of different supercell sizes confirmed that finite
size effect was small. Finally, we used a 10 × 10 × 10 supercell with periodic boundary conditions. At each temperature and/or field, 1 × 105 ∼ 5 × 105 Monte Carlo
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FIG. S11. Spin (black arrows) and moment (golden arrows)
configurations in high (1 1 0) fields: the α chains are polarized
with the spins and moments pointing into and out of the
tetrahedra alternately (along the local z axes); the spins on
the β chains points along positive and negative local x̃ axes
alternately producing moments directing out of and into the
tetrahedra (the magnetic moment and spin are plotted with
the same sign for simplicity). The original local frames and
the rotated x̃ local axes are also shown.

steps per spin were used for thermal equilibrium and
1 × 105 ∼ 5 × 105 Monte Carlo steps per spin for data
collection while discording ∼ 5 × 103 MC steps between
successive data collection to reduce the correlation between measurements. To ensure that the results are fully
thermally equilibrated, the simulations are started from
different initial states, i.e., disordered, AIAO ordered and
field polarized states. Two MC annealing procedures are
considered: annealing in fields from high temperature to
0.05 K; sweeping the field at 0.05 K. To avoid freezing of
the dynamics at low temperatures, the spins are moved
in a cone around its present direction with the cone angle
as a free parameter chosen to keep the acceptance rate
30 ∼ 60% for the most generic situations.
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